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Subiectul |

Numerele reale strict pozitive x si y verifica inegalitatea:

2x + \/; = \/ (x + 1)(y¥ + 4) . Calculati media geometrici a numerelor
X Ssiy .

Supliment, decembrie 2012

Ridicand la patrat relatia
2WVx+ [y =/ + Dy +4) obtinemdx+ 4 /xy+y=xy+dx+y+4 o4 fxy=x

----------------------------------------------------------- (2p)

xy -4 /xy+4 =0 (J:ch— 2) =0

R (2p)

Dar (/xy—2) =0
........................................................................................ (1p)
Avem /xy—2=
................................................................... (1p)
Deci ,/xy =2 =m,
.................................................................... (1p)
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Subiectul 11

Dacid x € [—3;5] si y € [-1; 6], aritati ci
a=x%+y?+2xy—22x—22y + 121+ /2% + y2 + 2xy + 8x + 8y + 1¢
este numar natural.

a=J(c+1)?7—2-11-(x+y) + 112+ J(x + y)2+ 2- 4 - (x + y) + 42

Din x€[-3;5]=-3=<x<5
=—-4=x+y=11

vyeE[-1;6]l=—-1=y=6

—4=x+yelsx+y+4 si dinx+y=ll=x+y—-11=<0
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Subiectul 111
Fie SABC o piramida triunghiulara regulata, cu baza ABC, M mijlocul

laturii AC, m(< BSM) =90, SA=asiAB=b.(a>0,b > 0).

a) Gasiti o relatie intre a si b.
b) Calculati distanta de la punctul C la planul (SAB).
¢) Calculati sinusul unghiului format de planele (SAB)si (SMB).

S

~ T.P,
a) In ABSM dreptunghicin S = BS* + SM* = BM*

BM = ij (inaltime in A echilateral ABC)
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SM? =5C> —MC* =a>—=

............... ZZZ(lp)
a2+a2—%=£ 2 2=%=}2a2=b2=}b=av{§
.................................... (1p)

b) Tn ABSC, avem SC? = a?,
SB2=a%,BC*=bh*>=2a>=SC*+SB*=B(C*=(CS 1 SB

(1p)
Analog CS | SA; SB,SA < (SAB),SBNnSA={5}=CS 1 (ABS)
................... (1p)

C) (SAB) n (SMB) = SB

MS 1 SB,MS c (SMB)
AS 1 SB,AS c (ASB)  (0,5p)
Deci [< (SAB), (SMB)] = (< MS, AS) =< MSA
2

, a avy 2 b a2 o
SM- = > =5M = — MA = 5= T;SA = a = ASMA dreptunghic isoscel

de bazi SA= m(< MSA) = 45

............
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